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Abstract—In this paper, the performance criteria, required
design, and possible operating modes for IRS at THz frequencies
are derived and presented. Due to device constraints, codebooks
that can define wavefronts within the near-field may be required
for optimal IRS efficiency. Numerical results are provided to
benchmark the performance of Bessel beams with conventional
beamforming under various communication scenarios, which
show that Bessel beam wavefronts have promising applications
in next-generation wireless standards at (sub) THz frequencies.

Index Terms—Terahertz communications; Intelligent Reflect-
ing Surfaces; Bessel beams; Beamforming; Reflectarrays

I. INTRODUCTION

Intelligent reflecting surfaces (IRSs) are breakthrough de-
vices proposed to enable programmable wireless environments
and improve channel robustness [1]. Thus, these are consid-
ered an attractive prospect in enabling Terahertz (THz)-band
communications, a front-runner technology for next generation
wireless networks [2]. The massive available bandwidth in the
THz band (0.1THz to 10THz) can be utilized to achieve
very high data rates and extremely dense networks, neither
of which can be supported in the overcrowded portion of the
electromagnetic (EM) spectrum currently utilized. However,
the very large path losses at THz frequencies, the low power
output (a few mW or less per element) of THz signal sources,
and the impact of everyday obstacles as opaque barriers to
THz signals are significant roadblocks in exploiting the THz
band. Further, while sophisticated beamforming antenna arrays
could be utilized to partially combat these challenges, it is
unlikely that many low-power, low-complexity devices within
the dense, interconnected networks of the future will have this
capability. Thus the programmable, low-cost, and multi-user
capability of an IRS can serve to make THz-band a reality.

IRSs enable wavefront engineering, in which the local phase
and amplitude response of an aperture system are manipulated
to generate a beam, or wavefront, shaped by the EM superpo-
sition of the radiation response of the individual components
of the aperture [3]. A well-known example of wavefront
engineering is beamforming, where arrays are utilized to
produce a directional, planar Gaussian beam in the far-field of
the IRS. In this direction, the most important IRS objectives,
such as increasing the channel rank and enabling a desired

signal to noise ratio (SNR), have been studied under two major
assumptions: a) far-field operation of the IRS, and b) dynamic
phase control of the IRS elements [4].

However, these assumptions become invalid at THz frequen-
cies due to the device-physics and working principle. More
specifically, the far-field operation cannot be considered valid
for most scenarios unless the electrical size and, therefore,
the gain of the IRS is extremely low - which would defeat
the original purpose of the IRS. In the near-field, however,
the assumption of regular beamforming no longer holds –
the planar Gaussian wavefront is compromised [5]. While
near-field signal processing is being investigated both through
beamfocusing and customized radiation patterns through meta-
surfaces [6], [7], the question remains: can we enable enhanced
wireless communications and also reduce signal processing
demands?

In this paper, we highlight the need for and present alternate
wavefronts through generalized codebooks. First, in Sec. II,
we present a practical approach to IRS design by explaining
and quantizing the required IRS support, in terms of the
desired bit error rate (BER) and modulation order, thereby
generating accurate estimates on the IRS size, number of
elements, and the corresponding far-field distance. In Sec. III,
we present the IRS as a phase transformation matrix, explain
the wave generation principle, and discuss the assumptions
of beamforming that render it inefficient within the near-field.
We investigate and evaluate Bessel beams as an alternate mode
of IRS-operation in the near-field. We present our results in
Sec. IV and conclude our paper in Sec. V.

II. IRS DESIGN AND OPERATION

In this section, we describe the design requirements and
operation of the IRS. To adequately contrast the required gain
with aperture size, number of elements, and array factor, we
consider an IRS designed similarly to antenna arrays, with λ/2
inter-element spacing, where λ is the free space wavelength at
the design frequency. For stringent IRS characterization, we
assume the LoS link between the TX and RX as not applicable.

A. IRS Requirements
For a TX-IRS-RX link, the minimum required SNR, Smin,

in dB, required to sustain a particular data rate is [8]:

20
22

 IE
EE

 2
3r

d 
In

te
rn

at
io

na
l W

or
ks

ho
p 

on
 S

ig
na

l P
ro

ce
ss

in
g 

A
dv

an
ce

s i
n 

W
ire

le
ss

 C
om

m
un

ic
at

io
n 

(S
PA

W
C

) |
 9

78
-1

-6
65

4-
94

55
-7

/2
2/

$3
1.

00
 ©

20
22

 IE
EE

 | 
D

O
I: 

10
.1

10
9/

SP
A

W
C

51
30

4.
20

22
.9

83
39

75

Authorized licensed use limited to: Fondren Library Rice University. Downloaded on January 03,2023 at 13:51:16 UTC from IEEE Xplore.  Restrictions apply. 



Smin = 10 log10

(
Eb

N0

fb
B

)
+NF, (1)

where fb refers to the channel bit rate and B refers to the
considered bandwidth, and Eb/N0 is the minimum energy per
bit to noise spectral density ratio, derived from the Q-function
at the desired BER. NF accounts for the noise factor during
demodulation prior to processing. Therefore, the minimum
power PRX required at the receiver is [8]:

PRX ≥ Smin + Ξ, (2)

where Ξ is the total noise power in dB, dependent on the
bandwidth B and the noise power spectral density (PSD) N0.
However, for a given transmitted power PTX , we know that:

PRX = PTX − PL+Gsys, (3)

where PL is the distance dependent path loss, which, over the
total distance R from the TX-IRS-RX channel consists of the
spreading loss LS :

LS = 10 log10

(
(4πR)2

λ2

)
, (4)

and the absorption loss LABS :

LABS = 10 log10 (exp(kabsλR)) , (5)

where kabs is the absorption coefficient at the design fre-
quency. Gsys in (3) is the combined gain of the system which
counters this path loss, and from (2) and (3), we can see
there is a minimum threshold. Assuming the TX-IRS and
the IRS-RX orientations are optimally setup, for example
through cascaded channel estimation [9], Gsys must then be
met through a combination of the end nodes gain (TX–RX)
and the IRS gain. For a given complexity (gain) of the end
nodes GTX and GRX , the required IRS gain GIRS can then
be derived:

GIRS = Gsys − (GTX +GRX). (6)

Clearly, the gain of the devices in the system must compen-
sate for higher path losses when the frequencies are greater.
Additionally, regardless of the link distance and the carrier
frequency, the brunt of the performance criteria must be borne
by the IRS for less complex devices. The IRS should then be
designed so as to facilitate such high gain requirements, and
when feasible, configured to operate at reduced complexity for
greater energy efficiency.

B. IRS Design

The required gain from the IRS directly corresponds to
an effective aperture size of the IRS, which also allows the
designer to ascertain the number of elements in each row and
column of the IRS. More specifically, the gain G of a device
reduces the beamwidth of the radiated beam by increasing the
directivity. Assuming the directivity equal to the gain, the solid
radiation angle Ω, is found as:

Ω =
π2

G
, (7)

where the gain is expressed as a linear value (not dB). Then,
the required side length L of a square IRS of size (N × N )
is:

L =

(
λ

2π

)(
2.782

ψ − 1

)
, (8)

where ψ =
√
Ω is the equivalent beamwidth in the elevation

and azimuth planes.The corresponding far-field distance Dff

of such a device is [5]:

Dff = 2
L2

λ
=
N2λ

2
, (9)

where, with an inter-element spacing of d, L contains an
equivalent number of elements, N = L/d. In (9), we assume
d = λ/2, maximizing array aperture and directivity without
introducing unwanted grating lobes and spurious effects.

C. IRS Efficiency

Each element of an M ×N IRS receives an incident beam
from the TX, implements a phase shift upon it and re-radiates
it. Therefore, the SNR value at the RX is the result of the
salient features of the system – input power PTX , noise power
Ξ, as well as the specific link configurations – path loss PL,
IRS size (M × N ), and the codebook C(Φ) at the IRS. The
IRS elements (m ∈M,n ∈ N ) are DTX

m,n and DRX
m,n from the

TX and RX respectively. For a given power PTX and noise
power Ξ, the obtained SNR at the RX will then be:

SNR =
PT

Ξ

(
M−1∑
m=0

N−1∑
n=0

(PL)e−jk(DTX
m,n+DRX

m,n)e
jϕm,n

)
.

(10)
Here, a correction phase ejϕm,n is applied through the code-
book C(Φ) across the IRS elements to counter the specific
phase difference, e−jk(DTX

m,n+DRX
m,n), resulting from the slightly

different path lengths through each IRS element from the TX
to the RX, where k is the wave vector. The IRS efficiency is
thus a measure of how well C(Φ) across the IRS compensates
for the actual phase differences in the links, the sum total of
which governs the reception (transmission) from (to) the TX
(RX). We thus define the IRS efficiency factor, EFIRS, as:

EFIRS =

∣∣∣∑N−1
m=0

∑N−1
n=0 e

−jk(Dt
m,n+Dr

m,n)e
jϕm,n

∣∣∣2
M2N2

, (11)

which completely accounts for the effects of both the TX–IRS
and IRS–RX manifestations in the codebook C(Φ) at the IRS.
The maximum value of EFIRS is 1, at highest efficiency. For
a square IRS, M = N , and (10) can be rewritten as:

SNR =
(
N2(PL)(PT )

σ2

)
EFIRS, (12)

where it is clear that for all other variables held constant, the
efficiency factor linearly affects the SNR.

III. WAVEFRONT GENERATION AT THE IRS

As shown in Fig. 1a), the IRS intercepts an incident wave
and transcribes a desired wavefront on it, through the code-
book C(Φ). Considering a beam traveling in the z-direction,
and an IRS in the x − y plane, the definition of the phase
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Fig. 1: a) An IRS can be utilized to create a TX-IRS-RX link; b)
the utilization of the IRS as a phase transformation matrix enables
wavefront engineering and novel beam profiles; and c) the Bessel
beam wavefront is analogous to plane waves travelling on a cone.

transformation matrix M(x, y) across the IRS aperture is given
as per the Huygens-Fresnel model [10]. Here, EM scalar
diffraction theory is utilized to evaluate the complex amplitude
A(x, y, z) of the EM wave with a wavevector k at any point
from a given field distribution A(ξ, η, 0) at an aperture (ξ, η)
orthogonal to the wave propagation direction z:

A(x, y, z) =
1

jλ

∫∫
V
A(ξ, η, 0)

exp(−jkr1)(1 + cosψ)

2r1
dξ dη. (13)

In (13), cosψ and r1 both specify the information about
the orientation and distance of the point (x, y, z) from the
aperture spot (ξ, η). The complex field A(ξ, η, 0) is given
as § exp(jΦ), where § is the magnitude and Φ is the phase
through which the IRS response manifests within the resultant
complex field in (13). In the discussion that follows, without
loss of generality and only for simplicity, we assume that the
IRS phase transformation matrix is able to completely capture
the incident wave from the TX, and thus discuss the operation
of the IRS from an aperture standpoint, focusing on the beam
profile as directed towards the RX.

A. Beamforming - A phased array approach

The characteristic approach of beamforming is to simplify
the point by point field in (13) instead towards a direction
specified through the spherical co-ordinates (θ, ϕ). Then, the
codebook across the IRS C(Φ) is given as [5]:

C(Φ) == −k(d sin θ(∆x cosϕ+∆y sinϕ)), (14)

with d as the separation between the elements. Setting ∆x or
∆y to 1 signifies a progression in the x or y direction, re-
spectively. Thus, assuming far-field operation, C(Φ) attempts
to counter the approximate path (and corresponding phase)
differences from each IRS element, dependent on the angles of
orientations, through a linear progressive phase shift wrapped
around 2π radians.

B. Beamfocusing - A lens approach

Beamfocusing requires the exact position of the TX and
RX. Here, C(Φ) is of the form [5]:

C(Φ) = e+jkr1 , (15)

providing an exact conjugate of the individual path distance
from each element to the RX, with the convergence at a
specific spot. The resolution (beam-spot) F governed by the
Abbe limit [11], which in an aperture of size R is:

F = 1.02λ/(R/2). (16)

C. Bessel Beams - A hybrid approach

Beamforming requires far-field operation, while beamfo-
cusing produces a specific convergence at a fixed point (no
propagation) with exact location requirements. Thus, there
is a need to develop a beam where, within the near-field,
deterministic propagation and collimation can be fulfilled.

In this light, we investigate Bessel beams, first introduced
by Durnin et. al in [12]. Their beam profile B(x, y, z) is
characterized as:

B(x, y, z) = Jl(kr
√
x2 + y2)exp(jkzz)exp(jl tan

−1(y/x)), (17)

where Jl(·) is the l-order Bessel function, kz and kr are the
transverse and radial wavevectors with k2z + k2r = k2, where
k is the wave vector of the beam. Since the Bessel function is
distance invariant, these beams are non-diffracting, wherein the
time averaged beam intensity is independent of the distance the
beam travels. Higher order Bessel beams carry orbital angular
momentum (OAM) due to an azimuthal phase, but at present,
we restrict our analyses to the zero-th order, or l = 0.

True Bessel beams require infinite power [12]. However,
quasi-Bessel beams can be setup within a finite propagation
distance, as shown in Fig. 1c). The required codebook C(Φ)
mimics plane waves travelling inwards on a cone:

C(Φ) = k
√
x2 + y2sin(θ), (18)

where θ describes the angle of the realized cone. The resultant
beam profile is shown in Fig. 1b), wherein a beam character-
ized by a non-diffracting central spot along the central axis of
the so-defined cone, with concentric rings around it, is setup.

The beam dissolves into a diverging ring beyond a max-
imum distance of propagation Zmax, which, for a finite
aperture of 2R, is found as [13]:

Zmax =
R

tan(θ)
, (19)

which, due to the geometric relations observable in Fig. 1c)
can be approximately modeled as [13]:

Zmax ≈ R
kz
kr

= R
√
(k/kr)2 − 1, (20)

thus indicating that for a larger aperture as well as a greater
design frequency, the range of the Bessel wavefront increases.

The potential benefits of Bessel beams are that unlike
beamforming, these work within the massive near-field and,
unlike beamfocusing, are valid across an axis of propagation
(the direction of the cone). The gain from the Bessel can be
estimated by considering the number of concentric rings that
the RX, depending on its size, may receive [13]. The power
and information carried in each ring of the Bessel beam, and
the central spot size, is the same. Thus, by ensuring that the
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Fig. 2: The relation between the required IRS gain with a changing
end-node complexity at: a) 300 GHz; and b) 1 THz. c) The corre-
sponding far-field distance of the IRS.

central spot size is designed to have, at minimum, the power
required to meet the link budget from (3), robust performance
will be guaranteed. From [13], we note that when the central
spot size is chosen to be a, Zmax ≈ kRa/2 and the power,
P contained within the central spot is:

P = PT (a/R) ≈ PT
1

1 + 4M/3
, (21)

where PT is the total power at the IRS aperture and M is
the number of concentric rings, or zeros, of the equivalent
Bessel function that can be captured within this aperture. Thus,
for communications, a wider central spot increases both the
percentage of power within the central spot and the distance
over which the Bessel is valid.

IV. RESULTS

In this section, we first present the IRS design requirements
as per the discussion from Sec. II, and evaluate the subsequent
wavefront characteristics as per the discussion of Sec. III. To
characterize the trend across the THz band, we consider two
design frequencies of 300 GHz and 1 THz.

A. Required IRS Gain and Size

We present the required gain from the IRS for a changing
complexity (gain) of the end nodes to close the communication
link at several distances in Fig. 2. We consider a 10 Gbps
link, with BPSK modulation (10 GHz bandwidth) and a
desired BER of 10−6. The noise PSD is set as per that
from the TeraNova testbed at Northeastern University [14]
at 10−17 W/Hz, with 100 mW transmitted power. As seen
in Fig. 2a) and Fig. 2b), regardless of the communication
link distance, a greater design frequency requires a larger IRS
gain due to increased path loss. The corresponding far-field
distance is seen in Fig. 2c); we observe that for the same gain
requirement, the far-field distance is smaller at a larger design
frequency, and the devastating near-field phenomenon at THz
frequencies is due to the very large gain requirement.

300 GHz 1 THz
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Fig. 3: a) A comparison between the IRS efficiency through beam-
forming and Bessel at 300 GHz; and b) 1 THz. The scenarios
considered are as per the parameters of Table I.

B. Wavefront Response

To characterize the wavefront efficiency through (11), we
specify the IRS size and other parameters by considering three
operating scenarios:

• Scenario 1: TX-RX pair designed similarly (maximum
gain with a physical size of 1 mm), regardless of design
frequency.

• Scenario 2: The RX is considered as a unitary gain device.
• Scenario 3: The far-field distance of the IRS is fixed

to 12 m, at the limit of most indoor communication
scenarios, regardless of design frequency.

The corresponding values are presented in Table I. The spot
size of the Bessel beam is designed to be 10 times the RX size,
or 10 mm, to ensure SNR requirements are always fulfilled.

We present the comparison between Bessel and beamform-
ing efficiency from (13) for (11) in Fig. 3a) and Fig. 3b), for
the two design frequencies, with the three respective scenarios
highlighted. The RX is assumed to be along the central axis
of the IRS. In both Fig. 3a) and Fig. 3b), for scenario 1, the
IRS is extremely small. Thus, both Bessel and beamforming
beams are nearly equal in their application, and beamforming
quickly converges to the ideal.

However, under Scenario 2, the IRS is massive at 1 THz
(see Table I. Indeed, in Fig. 3b), we observe that while the
beamforming efficiency is crippled, the range of the Bessel
increases substantially. The improvement is more pronounced
for the larger design frequency, as Bessel beams work better
at higher frequencies, an advantage for THz communications.

Further, as expected from the results of Scenario 3, we
observe that regardless of the design frequency, beamforming
efficiency improves similarly for the same far-field.

We note that the simulated Bessel range in Fig. 3a) and
Fig. 3b) does not exactly match the theoretical values high-
lighted in Table I. This is due to the fact that we create a
Bessel beam by implementing a conical phase on a plane
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TABLE I: Required IRS Size (N×N elements), Far-Field Distance and Bessel Propagation Distance
Scenario Design Frequency

300GHz 1THz

TX–RX
Gain

IRS Gain N Far-field Zmax TX–RX
Gain

IRS Gain N Far-field Zmax

1 31.96dB 32.26dB 23 0.24m 0.1436m 52.84dB 44.4dB 93 1.27m 0.6008m
2 16.98dB 47.24dB 129 8.17m 0.8354m 27.42dB 69.83dB 1747 457.17m 11.4096m
3 N.A. 48.83dB 156 12m 1.005m N.A. 54.01dB 283 12m 1.8352m
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Fig. 4: A 2-D simulation with COMSOL multiphysics for a 10 cm
aperture Axicon, indicating that the response from the IRS is close
to an ideal Bessel.

wave, rather than simply assuming the perfect Bessel function
at the aperture. Nonetheless, the resultant beam resembles
Bessel beams, as evidenced by the full-wave simulations for
the two design frequencies presented in Fig. 4. Here, an 8
degree conical phase on a 10 cm aperture (size limited due
to computational complexity) is utilized and the resulting
EM wave is evaluated through COMSOL Multiphysics. It is
observed that the same Bessel like structure, with a central
bright spot and concentric rings is formed for both frequencies,
with a larger propagation range and more concentric rings at
the larger design frequency.

V. CONCLUSIONS

In this paper, we have highlighted the need for novel
wavefronts in IRS deployments at THz frequencies, where
electrically large devices with massive far-field regions are
expected. In the operating near-field, beamforming could be
compromised. We thus envision new wavefronts with a defined
propagation axis (similar to beamforming in the far-field)
which can be generated through a generalized codebook.

Our results indicate that Bessel beams could serve the
envisioned wavefront characteristics. The design relation be-
tween the Bessel beam central spot size width and power, the
IRS aperture size, and the maximum propagation distance are
generalized expressions. The desired angle of the central axis
of propagation is sufficient to characterize the RX direction;
thus, all the algorithms developed for beam-alignment in
conventional beamforming could potentially be applicable to
Bessel beams as well. In this light, we consider Bessel beams a
promising contender for the ‘ideal’ wavefront in the near-field
employed in next generation of wireless communications, even

as we continue to explore customized wavefronts. Nonetheless,
IRS design and performance considerations must be closely
complemented with the manifestations on IRS efficiency.
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